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on, inelastic neutron scattering demonstrate that there is no long-
range antiferromagnetic order for the reduced samples in the dop-
ing range from x ¼ 0:13–0.18 but that the large magnetic fluctua-
tions provide some indications of its role for a possible pairing
mechanism. Although similar studies of antiferromagnetism and
superconductivity are made difficult by the severe difficulties
encountered in their growth, a similar temperature-doping phase
diagram for the IL Sr1"xLaxCuO2 polycrystalline samples has been
gathered by Ishawata et al. [19] from a few rare data in the

literature. The phase diagram already presented in Fig. 3(a) shows
TNðxÞ behaving very similarly to the T0 phase with a very similar
sharp transition between the antiferromagnetic and the supercon-
ducting samples.

In Fig. 5, we compare the phase diagrams of the T0 phase with
that of hole-doped La2"xSrxCuO4 underlining in particular the
extent of the doping range for the antiferromagnetic phase on
the electron-doped side and the very narrow range for cerium
contents with superconductivity. One can also observe the pseu-
dogap line which will be described in Section 4.1 and a zone (in
light blue) where magnetic correlations are strong but long-range
order does not set in as will be discussed in Section 4.5. Despite
an apparent asymmetry in these phase diagrams, the most
important message of this schematic is the presence of
antiferromagnetism and superconductivity on either side, sug-
gesting that the mechanism modifying the electronic properties
and leading to superconductivity is most probably the same for
both types of doping. Of course, there are many differences in
these phase diagrams: for example, the pseudogap signatures in
the physical properties are quite different in electron- and hole-
doped cuprates. There are solid evidence of two-band-like beha-
viours in the transport properties of electron-doped cuprates
while only hole-type carriers are observed for hole-doped cup-
rates (except at very large doping [30]). Moreover, hole-doped
cuprates present a wealth of electronic phases like stripe order,
charge-density waves, . . .[1] that have not yet been confirmed
in electron-doped cuprates and may be absent (and perhaps
irrelevant for the mechanism of superconductivity).

We should underline that Sr in SrCuO2 can be substituted by iso-
valent Ca as shown first by Siegrist et al. [31]. In fact, it was the first
report on the growth of the IL structure in the Sr1"yCayCuO2 system
as the addition of Ca allows one to stabilize the IL crystal structure
and favour the growth of small Ca0.86Sr0.14CuO2 single crystals. We
should underline also that CaCuO2 do exists in the IL structure and
has been inserted successfully in (CaCuO2)n/(SrTiO3)m and
(SrCuO2)n/(BaCuO2)m heterostructures with surprising results like
superconductivity up to 70 K [32,33].

3. Growth and reduction

The growth of T0 and IL electron-doped cuprates is generally
complicated by the stability of other related oxide phases that
compete in the temperature-composition phase diagram.3 These
oxide phases can even be intercalated in the bulk as an epitaxial
layer and are difficult to eliminate completely. In fact, in some
instances, they may appear during the post-annealing process.
Unfortunately, these competing phases can lead to many erroneous
conclusions on the physical properties and extra care has been taken
in recent years to improve the quality of the materials. Moreover, the
post-annealing required for the reduction is tricky as it involves
removing a tiny amount of oxygen in conditions approaching the
decomposition line of the phase. In here, we will simply enumerate
separately the typical route used to grow high quality single crys-
talline samples for the T0 and IL compounds, namely single crystals
and epitaxial thin films. We will then discuss the reduction condi-
tions and the resulting structural impacts.

3.1. T0 single crystal growth

Single crystals of the T0 phase have mostly been grown success-
fully by two different methods: in-flux solidification and travelling-
solvent floating zone (TSFZ). The first group of techniques involves
the directional growth of millimeter size high-quality single crystals

Fig. 4. (a) Temperature-doping phase diagram of Nd2"xCexCuO4 polycrystalline
samples obtained by muon spin resonance [2] showing the Néel temperature TN

and the superconducting transition Tc as a function of doping. (b) Temperature-
doping phase diagram for as-grown (solid circles) and reduced (open symbols)
Nd2"xCexCuO4 single crystals. The solid grey circles result from a shift assuming that
oxygen removal provides additional carriers (electrons). Adapted from Ref. [29].

Fig. 5. Schematic of the phase diagrams comparing hole-doped La2"xSrxCuO4 and
electron-doped Ln2"xCexCuO4. The diagram shows the doping range for supercon-
ductivity (in red), antiferromagnetism (in blue) and T%ðxÞ as the pseudogap line
(Section 4.1). In the light blue region above the superconducting dome, strong
magnetic correlations without long-range order persist (Section 4.5). Adapted from
Ref. [6]. (For interpretation of the references to colour in this figure legend, the
reader is referred to the web version of this article.)

3 In the case of thin films, the growth phase diagram involves also oxygen pressure.
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The remarkable underlying ground states of cuprate superconductors 
Cyril Proust and Louis Taillefer, arXiv:1807.0507

Figure 6

Across the quantum critical point. a) Normal-state electronic specific heat in the T = 0 limit
as a function of doping, plotted as Cel/T vs p (red symbols) in Eu-LSCO (squares), Nd-LSCO
(circles) and LSCO (diamonds). From ref. (75). We also show Cel/T in YBCO (blue dots (18))
and in Tl2201 (green dot (76)). The vertical grey lines mark the limits of the CDW phase in
Nd-LSCO, between p = 0.08 and p ' 0.19. b) Normal-state Hall number nH (= V/e RH) in the
T = 0 limit as a function of doping, in YBCO (blue circles (21), p?= 0.19) and Nd-LSCO (red
squares (4), p?= 0.23). We also show nH in LSCO (grey squares (67)) and YBCO (grey circles
(68)) at low doping, and nH in Tl2201 (white diamond (29)) at high doping.

5. PSEUDOGAP PHASE
DOS: Density of
states (NF)

�E: Condensation
energy

Hc1: Lower critical
field

�: Residual linear
term in the specific
heat, C(T ) at T = 0,
purely electronic

The two traditional signatures of the pseudogap phase are: 1) a loss of density of

states (DOS) below p
?; 2) the opening of a partial spectral gap below T

?, seen by ARPES

(Figs. 1c, 1d) and optical conductivity, for example. Here we summarize recent high-field

measurements of the specific heat in the LSCO family (75) showing that there is a large

mass enhancement at p
?. The new data show that the pseudogap does not simply cause

a loss of DOS below p
?; instead, there is huge peak in the DOS at p

? (Fig. 6a) – much

larger than expected from a van Hove singularity (75, 80). We then show how high-field

measurements of the Hall coe�cient reveal a new signature of the pseudogap phase – a

rapid drop in the carrier density, at p?(Fig. 6c). These new properties alter profoundly our

view of the pseudogap phase, and of the strange metal just above it (sec. 6).

5.1. Density of states

5.1.1. Condensation energy. One way to access the DOS, NF, is via the superconduct-

ing condensation energy �E, since �E = NF�
2

0/4, where �0 is the d-wave gap maxi-

mum. Experimentally, and in the framework of BCS theory, �E can be measured using

the upper and lower critical fields, Hc2 and Hc1, to get the thermodynamic field Hc via

H
2

c = Hc1Hc2/(ln() + 0.5), given that �E = H
2

c /2µ0. In Fig. 2b, we plot �E/Tc
2 vs p

thus obtained for YBCO (17). We see that �E/Tc
2 / NF drops by a factor 8-9 between

p = 0.18 and p = 0.1, in agreement with the drop reported earlier from an analysis of spe-

cific heat data measured in low fields up to T > Tc in YBCO (71) and Bi2212 (72). Note

www.annualreviews.org • The remarkable underlying ground states of cuprate superconductors 9
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instances, they may appear during the post-annealing process.
Unfortunately, these competing phases can lead to many erroneous
conclusions on the physical properties and extra care has been taken
in recent years to improve the quality of the materials. Moreover, the
post-annealing required for the reduction is tricky as it involves
removing a tiny amount of oxygen in conditions approaching the
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separately the typical route used to grow high quality single crys-
talline samples for the T0 and IL compounds, namely single crystals
and epitaxial thin films. We will then discuss the reduction condi-
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Fig. 5. Schematic of the phase diagrams comparing hole-doped La2"xSrxCuO4 and
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The electron spin polarization obeys

D
~S(r, ⌧)

E
= ~�(r, ⌧)eiK·r

where K is the ordering wavevector.
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FIG. 2 (color). (a) EDCs in-
tegrated in a region near the
!p"2, p"2# position. (b) EDCs
integrated in a region near the
!p , 0.3p# position. (c), (d), and
(e) EDCs from around the puta-
tive LDA Fermi surface for x !
0.04, 0.10, and 0.15 samples, re-
spectively.

spectral weight that develops along the zone diagonal for
the x ! 0.04 sample is gapped by $150 meV. This is
in contrast to near !p, 0.3p# [Fig. 2(b)], where there is
spectral weight at EF for x ! 0.04 doping levels. For x !
0.10, the zone diagonal spectral weight has moved closer
to EF and even stronger EF intensity has formed near
!p, 0.3p#. A weak dispersion is evident along the zone di-
agonal for the x ! 0.10 sample (not shown). At x ! 0.15
there is large near-EF weight and a strong dispersion
throughout the zone as detailed in our previous work
[14,15]. The small chemical potential shift !$150 meV#
seen by x-ray photoemission spectroscopy in NCCO by
Harima et al. [17] in this doping range is consistent with
our result where it appears that the band at !p, 0# moves
on order of this amount when doping from x ! 0 to
x ! 0.15.

Following our previous analysis of the optimally doped
compound [14], we construct Fermi surfaces by integrating
EDCs in a small window about EF !240 meV, 120 meV#
and plotting this quantity as a function of "k (Fig. 3). Con-
sistent with the above observation that spectral weight
along the zone diagonal is gapped for x ! 0.04, one can
see that it is only the states at !p, 0# that can contribute
to low-energy properties. Here, a Fermi “patch” indicates
that there is an extremely low-energy shallow band in this
part of the Brillouin zone. At x ! 0.10, weight at EF with
low intensity begins to appear near the zone diagonal. Near
!p, 0#, the “band” becomes deeper and the Fermi patch
becomes a Fermi surface. At x ! 0.15, the zone diago-
nal region has become intense. The full Fermi surface has
formed and only in the intensity-suppressed regions near
!0.65p, 0.3p# (and its symmetry-related points) at the in-
tersection of the Fermi surface with the antiferromagnetic
Brillouin zone boundary does the underlying Fermi surface
retain its anomalous properties [14].

We can gain more insight by looking at plots of the
EDCs around the putative LDA Fermi surface, as shown in
Figs. 2(c)–2(e). In Fig. 2(c), for x ! 0.04, a large broad
feature is gapped by $150 meV near the zone-diagonal re-
gion. As one proceeds around the ostensible LDA Fermi
surface, the high-energy feature loses spectral weight and

may disappear, while another feature pushes up at EF. It is
this second component that contacts EF near !p, 0.3p# to
form the small Fermi surface (FS) for the x ! 0.04 sample.
Similar behavior is seen in the x ! 0.10 and 0.15 plots;
the lowest-energy features become progressively sharper,
closer to and upon entering the metallic state. The fact
that there are two components supports our conjecture
that at low dopings the material can be characterized by a
small FS or electron pocket around !p, 0# (volume consis-
tent with x ! 0.04) with doping-induced spectral weight
at higher energy elsewhere in the zone. As the carrier con-
centration is increased, the !p, 0# FS deforms and a new
FS segment emerges. It derives from the diagonal fea-
ture progressively moving to EF, as seen by comparing
the bottom EDCs of Figs. 2(c)–2(e). These two segments
connect to form the LDA-like Fermi surface with volume
1.12 6 0.05.
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FIG. 3 (color). Fermi surface plots: (a) x ! 0.04, (b) x !
0.10, and (c) x ! 0.15. EDCs integrated in a 60 meV window
!240 meV, 120 meV# plotted as a function of "k. Data were
typically taken in the displayed upper octant and symmetrized
across the zone diagonal. (d) Panels showing doping dependent
“band structure.” Features are plotted for the doping levels and
momentum space regions where they can be resolved. We do
not include the slight low-energy shoulder of the x ! 0 sample,
as this is probably reflective of a small intrinsic doping level.
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Doping Dependence of an n-Type Cuprate Superconductor Investigated by 

Angle-Resolved Photoemission Spectroscopy
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Electron doped cuprates



                                arXiv:1811.04992                                                               
Fermi surface reconstruction in electron-doped cuprates  
without antiferromagnetic long-range order
Junfeng He, C. R. Rotundu, M. S. Scheurer, Y. He, M. Hashimoto, K. Xu,    
Y. Wang, E. W. Huang, T. Jia, S.-D. Chen, B. Moritz, D.-H. Lu, Y. S. Lee,         
T. P. Devereaux and Z.-X. Shen

• New photoemission measurements at zero magnetic
field show Fermi surfaces in quantitative agreement
with quantum oscillation measurements.

• The energy gap between the electron and hole pock-
ets collapses near x = 0.17 like an order parameter.

• “The totality of the data points to a mysterious or-
der between x = 0.14 and x = 0.17, whose appear-
ance favors the FS reconstruction and disappearance
defines the quantum critical doping. A recent topo-
logical proposal provides an ansatz for its origin.”
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Square lattice Hubbard model with electron doping
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<latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit>

�
<latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit>

h�ai 6= 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

h�ai = 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

h�ai 6= 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

�a ) Antiferromagnetism at (⇡,⇡)
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>
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�
<latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit> �

<latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit>

�
<latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit><latexit sha1_base64="rrJ5pnU8WKd738lOqlEZLPHRWg4=">AAAB7XicdVDLSgMxFM3UV62vqks3wSK4GjIy7XRZdKHLCvYB7VAyaaaNJpkhyQhl6D+4caGIW//HnX9j+hBU9MCFwzn3cu89UcqZNgh9OIWV1bX1jeJmaWt7Z3evvH/Q1kmmCG2RhCeqG2FNOZO0ZZjhtJsqikXEaSe6u5j5nXuqNEvkjZmkNBR4JFnMCDZWavcvsRB4UK4g1w9QUPcgclHNr1Z9S6qoFtQD6LlojgpYojkov/eHCckElYZwrHXPQ6kJc6wMI5xOS/1M0xSTOzyiPUslFlSH+fzaKTyxyhDGibIlDZyr3ydyLLSeiMh2CmzG+rc3E//yepmJ62HOZJoZKsliUZxxaBI4ex0OmaLE8IklmChmb4VkjBUmxgZUsiF8fQr/J+0z10Oud+1XGufLOIrgCByDU+CBADTAFWiCFiDgFjyAJ/DsJM6j8+K8LloLznLmEPyA8/YJzy+PSQ==</latexit>

h�ai 6= 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

h�ai = 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

h�ai 6= 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

�a ) Antiferromagnetism at (⇡,⇡)
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

Topological
     order?

h�ai = 0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

x = 0.175
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

x = 0.14
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We can (exactly) transform the Hubbard

model to the “spin-fermion” model:

electrons ci↵ on the square lattice with

dispersion

Hc = �

X

i,⇢

t⇢
⇣
c†i,↵ci+v⇢,↵

+ c†i+v⇢,↵
ci,↵

⌘

�µ
X

i

c†i,↵ci,↵ +Hint

are coupled to a magnetic moment order

parameter �
p
(i), p = x, y, z

Hint = ��
X

i

�
p
(i)c†i,↵�

p
↵�ci,� + V�
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Gauge theory of fluctuating antiferromagnetism

For fluctuating antiferromagnetism

(spin density waves (SDW)), we transform

to a rotating reference frame using the SU(2)

rotation Ri

✓
ci"
ci#

◆
= Ri

✓
 i,+

 i,�

◆
,

in terms of fermionic “chargons”  s and a

Higgs field H
a
(i)

�
p
�

p
(i) = Ri �

a
H

a
(i)R

†
i

The Higgs field is the SDW order in the

rotating reference frame.
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The simplest e↵ective Hamiltonian for the fermionic chargons is

the same as that for the electrons, with the AFM order replaced

by the Higgs field.

H = �

X

i,⇢

t⇢

⇣
 
†
i,s
 
i+v⇢,s

+  
†
i+v⇢,s

 
i,s

⌘
� µ

X

i

 
†
i,s
 
i,s

+Hint

Hint = ��

X

i

⌘iH
a
(i) 

†
i,s
�
a

ss0 i,s0 + VH

IF we can transform to a rotating reference frame in whichH
a
(i) =

a constant independent of i and time, THEN the  fermions in the

presence of fluctuating AFM will inherit the small Fermi surfaces

of the electrons in the presence of static AFM.

Fluctuating antiferromagnetism

S. Sachdev, M. A. Metlitski, Y. Qi, and C. Xu, PRB 80, 155129 (2009)
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For (fluctuating) SDW SRO, we transform to a
rotating reference frame using the SU(2) rotation Ri

✓
ci"
ci#

◆
= Ri

✓
 i,+

 i,�

◆
,

in terms of fermionic “chargons”  s and a Higgs field H
a(i)

�
`�`(i) = Ri �

a
H

a(i)R†
i

The Higgs field is the SDW order in the rotating reference frame.
Note that this representation is ambiguous up to a
SU(2) gauge transformation, Vi

✓
 i,+

 i,�

◆
! Vi

✓
 i,+

 i,�

◆

Ri ! RiV
†
i

�
a
H

a(i) ! Vi �
b
H

b(i)V †
i .

Field Symbol Statistics SU(2)gauge SU(2)spin U(1)e.m.charge

Electron c fermion 1 2 -1

AF order � boson 1 3 0

Chargon  fermion 2 1 -1

Spinon R or z boson 2̄ 2 0

Higgs H boson 3 1 0

TABLE I. Quantum numbers of the matter fields in L and Lg. The transformations under the SU(2)’s

are labelled by the dimension of the SU(2) representation, while those under the electromagnetic U(1)

are labeled by the U(1) charge. The antiferromagnetic spin correlations are characterized by � in (5.3).

The Higgs field determines local spin correlations via (5.12).

A summary of the charges carried by the fields in the resulting SU(2) gauge theory, Lg, is

in Table I. This rotating reference frame perspective was used in the early work by Shraiman

and Siggia on lightly-doped antiferromagnets [89, 90], although their attention was restricted to

phases with antiferromagnetic order. The importance of the gauge structure in phases without

antiferromagnetic order was clarified in Ref. [85].

Given the SU(2) gauge invariance associated with (5.6), when we express L in terms of  we

naturally obtain a SU(2) gauge theory with an emergent gauge field A
a

µ
= (Aa

⌧
,Aa), with a = 1, 2, 3.

We write the Lagrangian of the resulting gauge theory as [85–87]

Lg = L + LY + LR + LH . (5.9)

The first term for the  fermions descends directly from the Lc for the electrons

L =
X

i

 
†
i,s

✓
@

@⌧
� µ

◆
�ss0 + iA

a

⌧
�
a

ss0

�
 i,s0 +

X

i,j

tij 
†
i,s


e
i�

aAa·(ri�rj)

�

ss0
 j,s0 , (5.10)

and uses the same hopping terms for  as those for c, along with a minimal coupling to the SU(2)

gauge field. Inserting (5.6) into Lcn, we find that the resulting expression involves 2 complex Higgs

fields, Ha

x
and H

a

y
, which are SU(2) adjoints; these are defined by

H
a

x
⌘

1

2
�x`Tr[�

`
R�

a
R

†], (5.11)

and similarly for Ha

y
. Let us also note the inverse of (5.11)

�x` =
1

2
H

a

x
Tr[�`R�a

R
†], (5.12)
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Describe the (potential) “topological” 
transition near optimal doping by a theory 

for the Higgs field alone



Gauge theory of fluctuating antiferromagnetism

We obtain di↵erent numbers of adjoint Higgs scalars, Nh,

depending upon the spatial dependence of the local spin

correlations:

Neel correlations (electron doped cuprates):

Nh = 1,

K = (⇡,⇡),

H
a
(i) = H

a
1 (r)e

iK·ri

Bidirectional incommensurate correlations (hole doped cuprates):

Nh = 4,

Ky = (⇡,⇡ � �), Kx = (⇡ � �,⇡),

H
a
(i) = Re

�
[H

a
1 (r) + iH

a
2 (r)] e

iKx·ri + [H
a
3 (r) + iH

a
4 (r)] e

iKy·ri
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1.  SU(2) gauge theory of fluctuating  
             antiferromagnetism

2.  Electron-doped cuprates    
             Nh =1 adjoint Higgs field

3. Hole-doped cuprates    
             Nh =4 adjoint Higgs field



F
a
µ⌫ = @µA

a
⌫ � @⌫A

a
µ � ✏abcA

b
µA

c
⌫

V (Ha
` ) = sH

a
` H

a
` + u0 H

a
` H

a
` H

b
mH

b
m

+u1

✓
H

a
` H

a
mH

b
`H

b
m � 1

Nh
H

a
` H

a
` H

b
mH

b
m

◆
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SU(2) gauge theory

SU(2) gauge theory with Nh adjoint Higgs fields
H

a
` (a = 1, 2, 3, ` = 1 . . . Nh), with potential

V (Ha
` ) and SU(2) gauge field A

a
µ. There is

O(Nh) global flavor symmetry.

L =
1

4g2
F

a
µ⌫F

a
µ⌫ +

1

2

�
@µH

a
` � ✏abcA

b
µH

c
`

�2
+ V (Ha

` )
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Phase diagrams of SU(2) gauge theory
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A. C. Davis,  A. Hart,  T. W. B. Kibble, and A. Rajantie, Phys. Rev. D 65, 125008 (2002) 
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Nh = 1
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• Condensation of H
a

breaks SU(2) to U(1)

• U(1) confines because

of proliferation of

’tHooft-Polyakov monopoles

• Monopole action⇠
p
�s,

leading to an

exponentially large

confinement scale
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1.  SU(2) gauge theory of fluctuating  
             antiferromagnetism

2.  Electron-doped cuprates    
             Nh =1 adjoint Higgs field

3. Hole-doped cuprates    
             Nh =4 adjoint Higgs field
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• For u1 < 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, 0, 0)

This breaks gauge SU(2) to U(1), and the U(1) confines, as for Nh = 1. But the global
O(2) is broken because

hQ`mi 6= 0

• For u1 > 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, H0, 0)

This breaks gauge SU(2) to Z2, leading to Z2 topological order (as in the ‘toric code’).
But now the global O(2) is unbroken because

hQ`mi = 0
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hHa
` i 6= 0

<latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit>

hHa
` i = 0

<latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit>V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>

V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>

Confinement

Nh = 2
<latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit><latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit><latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit><latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit>

Phase diagrams of SU(2) gauge theory

Higgs

s

u1 < 0

• Condensation of H
a

breaks SU(2) to U(1),

which confines

• Broken O(2) symmetry,

hQ`mi 6= 0.
<latexit sha1_base64="I1BUbLbESpmZ3sU6ck4QiKR7tkA="></latexit><latexit sha1_base64="I1BUbLbESpmZ3sU6ck4QiKR7tkA="></latexit><latexit sha1_base64="I1BUbLbESpmZ3sU6ck4QiKR7tkA="></latexit><latexit sha1_base64="I1BUbLbESpmZ3sU6ck4QiKR7tkA="></latexit>

Possible
Deconfined
critical

SU(2) gauge
theory

<latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit><latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit><latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit><latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit>



hHa
` i 6= 0

<latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit>

hHa
` i = 0

<latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit>V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>

V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>

Confinement

Nh = 2
<latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit><latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit><latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit><latexit sha1_base64="kDvsngxhS1HNkR5UfWOv+iN2Mcs=">AAAB7nicdVDJSgNBEK2JW4xb1KOXxiB4GnpCkslFCHrxJBHMAskQejo9SZOehe4eIQz5CC8eFPHq93jzb+wsgoo+KHi8V0VVPT8RXGmMP6zc2vrG5lZ+u7Czu7d/UDw8aqs4lZS1aCxi2fWJYoJHrKW5FqybSEZCX7COP7ma+517JhWPozs9TZgXklHEA06JNlLnZjBGF6g8KJawXXGxW3cQtnGtUq1WDKnimlt3kWPjBUqwQnNQfO8PY5qGLNJUEKV6Dk60lxGpORVsVuiniiWETsiI9QyNSMiUly3OnaEzowxREEtTkUYL9ftERkKlpqFvOkOix+q3Nxf/8nqpDupexqMk1Syiy0VBKpCO0fx3NOSSUS2mhhAqubkV0TGRhGqTUMGE8PUp+p+0y7aDbee2UmpcruLIwwmcwjk44EIDrqEJLaAwgQd4gmcrsR6tF+t12ZqzVjPH8APW2yc6qI7Y</latexit>

Phase diagrams of SU(2) gauge theory

Higgs

s

u1 < 0

• Condensation of H
a

breaks SU(2) to U(1),

which confines

• Broken O(2) symmetry,

hQ`mi 6= 0.
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• There is a global O(Nh) symmetry, and we can define a gauge-invariant order parameter

Q`m = H
a
` H

a
m � �`m

Nh
H

a
nH

a
n

• For u1 < 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, 0, 0)

This breaks gauge SU(2) to U(1), and the U(1) confines, as for Nh = 1. But the global
O(2) is broken because

hQ`mi 6= 0

• For u1 > 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, H0, 0)

This breaks gauge SU(2) to Z2, leading to Z2 topological order (as in the ‘toric code’).
But now the global O(2) is unbroken because

hQ`mi = 0
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Confinement

Nh = 2
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Phase diagrams of SU(2) gauge theory
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u1 > 0

• Condensation of H
a

breaks SU(2) to Z2,

leading to Z2

topological order.

• Unbroken O(2)

symmetry, hQ`mi = 0.
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Nh = 3
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• For u1 < 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, 0, 0) , H

a
3 = (0, 0, 0)

This breaks gauge SU(2) to U(1), and the U(1) confines, as for Nh = 1, 2. The global O(3)
is broken to O(2) and

hQ`mi 6= 0

• For u1 > 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, H0, 0) , H

a
3 = (0, 0, H0)

This breaks gauge SU(2) to Z2, leading to Z2 topological order (as in the ‘toric code’).
But now the global O(3) is unbroken because

hQ`mi = 0
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hHa
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hHa
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u1 < 0

• Condensation of H
a

breaks SU(2) to U(1),

which confines

• O(3) symmetry broken

to O(2), hQ`mi 6= 0.
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of a Landau-allowed
transition ?
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• For u1 < 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, 0, 0) , H

a
3 = (0, 0, 0)

This breaks gauge SU(2) to U(1), and the U(1) confines, as for Nh = 1, 2. The global O(3)
is broken to O(2) and

hQ`mi 6= 0

• For u1 > 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, H0, 0) , H

a
3 = (0, 0, H0)

This breaks gauge SU(2) to Z2, leading to Z2 topological order (as in the ‘toric code’).
But now the global O(3) is unbroken because

hQ`mi = 0
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u1 > 0

• Condensation of H
a

breaks SU(2) to Z2,

leading to Z2

topological order.

• Unbroken O(3)

symmetry, hQ`mi = 0.
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<latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit>

Nh � 4
<latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit>

• For u1 < 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
`>1 = (0, 0, 0)

This breaks gauge SU(2) to U(1), and the U(1) confines, as for Nh = 1, 2. The global
O(Nh) is broken to O(Nh � 1) and

hQ`mi 6= 0

• For u1 > 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, H0, 0) , H

a
3 = (0, 0, H0) , H

a
`>3 = (0, 0, 0)

This breaks gauge SU(2) to Z2, leading to Z2 topological order (as in the ‘toric code’).
But now the global O(Nh) is broken to O(Nh � 3)⇥O(3), and

hQ`mi 6= 0
<latexit sha1_base64="8hosc9QGJZxc2CffiEeDlRRjsUA="></latexit><latexit sha1_base64="8hosc9QGJZxc2CffiEeDlRRjsUA="></latexit><latexit sha1_base64="8hosc9QGJZxc2CffiEeDlRRjsUA="></latexit><latexit sha1_base64="8hosc9QGJZxc2CffiEeDlRRjsUA="></latexit>



hHa
` i 6= 0

<latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit><latexit sha1_base64="caqoJbDCu2upY7MSYKoucURLFaI="></latexit>

hHa
` i = 0

<latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit>V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>

V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>
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Confinement

Phase diagrams of SU(2) gauge theory

Higgs

s

Possible
Deconfined
critical

SU(2) gauge
theory
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u1 < 0

• Condensation of H
a

breaks SU(2) to U(1),

which confines

• O(Nh) symmetry

broken to O(Nh � 1),

hQ`mi 6= 0.
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Multi-universality
of a Landau-allowed
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• For u1 < 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
`>1 = (0, 0, 0)

This breaks gauge SU(2) to U(1), and the U(1) confines, as for Nh = 1, 2. The global
O(Nh) is broken to O(Nh � 1) and

hQ`mi 6= 0

• For u1 > 0, the Higgs condensate is of the form

H
a
1 = (H0, 0, 0) , H

a
2 = (0, H0, 0) , H

a
3 = (0, 0, H0) , H

a
`>3 = (0, 0, 0)

This breaks gauge SU(2) to Z2, leading to Z2 topological order (as in the ‘toric code’).
But now the global O(Nh) is broken to O(Nh � 3)⇥O(3), and

hQ`mi 6= 0
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u1 > 0

• Condensation of H
a

breaks SU(2) to Z2,

leading to Z2

topological order.

• O(Nh) symmetry

broken to

O(Nh � 3)⇥O(3), hQ`mi 6= 0.
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hHa
` i 6= 0
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<latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit><latexit sha1_base64="zeEOJ1Q1LpU+nUDmf3hte4r4xjg="></latexit>V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>

V (Ha
` )

<latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit><latexit sha1_base64="mfipBSBCbo7PkaPoH0vu0C2AXwE=">AAAB9HicdVDLTgIxFO3gC/GFunTTCCa4mXQIMCyJblhiIo8ERtIpBRo6nbHtkJAJ3+HGhca49WPc+TeWh4kaPclNTs65N/fe40ecKY3Qh5Xa2Nza3knvZvb2Dw6PsscnLRXGktAmCXkoOz5WlDNBm5ppTjuRpDjwOW37k+uF355SqVgobvUsol6AR4INGcHaSF6+Vajf4X6Pcn6Z72dzyC65yK06ENmoUiqXS4aUUcWtutCx0RI5sEajn33vDUISB1RowrFSXQdF2kuw1IxwOs/0YkUjTCZ4RLuGChxQ5SXLo+fwwigDOAylKaHhUv0+keBAqVngm84A67H67S3Ev7xurIdVL2EiijUVZLVoGHOoQ7hIAA6YpETzmSGYSGZuhWSMJSba5JQxIXx9Cv8nraLtINu5KeZqV+s40uAMnIMCcIALaqAOGqAJCLgHD+AJPFtT69F6sV5XrSlrPXMKfsB6+wRwUZE8</latexit>

H
a
`

<latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit><latexit sha1_base64="blTuuMfg6lmT+9wz37ByoJuvB2A=">AAAB8XicdVDLTgJBEJz1ifhCPXqZCCaeNrMEWI5ELxwxkUcEJLNDAxNmZzczsyaE8BdePGiMV//Gm3/j8DBRo5V0UqnqTndXEAuuDSEfztr6xubWdmonvbu3f3CYOTpu6ChRDOosEpFqBVSD4BLqhhsBrVgBDQMBzWB8Nfeb96A0j+SNmcTQDelQ8gFn1FjpNle9o70OCJHrZbLELfjEL3uYuKRUKBYLlhRJyS/72HPJAlm0Qq2Xee/0I5aEIA0TVOu2R2LTnVJlOBMwS3cSDTFlYzqEtqWShqC708XFM3xulT4eRMqWNHihfp+Y0lDrSRjYzpCakf7tzcW/vHZiBuXulMs4MSDZctEgEdhEeP4+7nMFzIiJJZQpbm/FbEQVZcaGlLYhfH2K/yeNvOsR17vOZyuXqzhS6BSdoQvkIR9VUBXVUB0xJNEDekLPjnYenRfnddm65qxmTtAPOG+f+1mQdw==</latexit>
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<latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit><latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit><latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit><latexit sha1_base64="39cWGTj3DZqaMQNTo81eorEwojM="></latexit>

Nh � 4
<latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit><latexit sha1_base64="YKt0TQBb0okec5mpuqcVK9dgS7s=">AAAB8XicdVDLSgNBEJyNrxhfUY9eBoPgaZmVTTbHoBdPEsE8MAlhdtJJhszOrjOzQgj5Cy8eFPHq33jzb5w8BBUtaCiquunuChPBtSHkw8msrK6tb2Q3c1vbO7t7+f2Duo5TxaDGYhGrZkg1CC6hZrgR0EwU0CgU0AhHFzO/cQ9K81jemHECnYgOJO9zRo2Vbq+6Q9wewB32u/kCcf2ABGUPE5eU/GLRt6RISkE5wJ5L5iigJard/Hu7F7M0AmmYoFq3PJKYzoQqw5mAaa6dakgoG9EBtCyVNALdmcwvnuITq/RwP1a2pMFz9fvEhEZaj6PQdkbUDPVvbyb+5bVS0y93JlwmqQHJFov6qcAmxrP3cY8rYEaMLaFMcXsrZkOqKDM2pJwN4etT/D+pn7kecb1rv1A5X8aRRUfoGJ0iDwWogi5RFdUQQxI9oCf07Gjn0XlxXhetGWc5c4h+wHn7BMSykFQ=</latexit>



For the hole-doped cuprates, Nh = 4, we define complex Higgs
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Gauge theory of fluctuating antiferromagnetism



There are multiple order parameters for di↵erent broken symmetries
(Note: spin rotations are preserved and there is no SDW order)
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Fermi liquid with
large Fermi surface
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One or more of Ising-nematic,

CDW, scalar spin chirality, and

Z2 topological orders
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Higgs/U(1) confinement
/Z2 deconfined
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Phenomenologically attractive state with
uni-directional CDW, Ising-nematic, and scalar

spin chirality order:
H

a
x = sin ✓(0, 0, 1), Ha

y = cos ✓(1, i, 0)
i.e. short-range collinear spin correlations along x,
and short-range spiral spin correlations along y.
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• Cuprates are described across optimal doping by the Higgs-
to-confinement crossover/transition of a SU(2) gauge theory
with Nh adjoint Higgs fields coupled to a large Fermi surface
of gauge-neutral electrons.

• Electron doped cuprates are described by Nh = 1. In this
case, there is no phase transition, only a crossover. The un-
derdoped cuprates are described by the Higgs regime, while
the overdoped Fermi liquid is the confinement regime.

• Hole doped cuprates are described by Nh = 4. In this case,
a phase transition must occur, at least in the absence of dis-
order. The Higgs phase is characterized by:

– Stable Z2 topological order, or U(1) topological up to
an exponentially large length scale

– One or more broken symmetries involving Ising-nematic,
CDW, and scalar spin chirality.
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